5. cvičení  – Dokazování v Hilbertově kalkulu výrokové logiky

Pozn.: Formule obsahující (, ( a ( považujeme za zkratky formulí dle:


A ( B  =df ((A ( (B)


A ( B  =df (A ( B


A ( B =df (A ( B) ( (B ( A)

i) Dokažte v Hilbertově systému platnost tautologií:

1. (p ( q) ( [(q ( r) ( (p ( r)]
2. (p ( q) ( ((q ( (p)
3. p ( ((p ( q)

4. p ( (p ( q)

5. p ( ((p

6. (p ( q) ( p

7. [p ( (q ( r)] ( [(p ( q) ( r]

8. ((p ( q) ( ((p ( (q)
9. p ( (q ( (p ( q))
10. [(p ( q) ( (p ( r)] ( [p ( (q ( r)]
11. [(p ( q) ( r] ( [(p ( (r) ( (q]
12. [(p ( r) ( (q ( r)] ( [(p ( q) ( r]
ii) [p ( (q ( r)] ( [(p ( q) ( (p ( r)]
iii) Dokažte pravidla:

1. (p ( q), (p ( r) |– p ( (q ( r)]
2. p ( r, q ( r |– (p ( q) ( r

3. ((p ( q) |– p ( (q

4. (p ( q |– p ( (q

5. p ( q, q ( r |– p ( r

6. (p ( q, (p ( r |– (p ( (q ( r)

